Let a be an integer. One can check that a mod a is zero and a mod 2 is natural.
Let a, b be integers. Observe that gcd(a · b, |a|) reduces to |a|. Let a be an odd natural number. Note that a mod 2 is non zero. Let a be an even integer. One can check that a mod 2 is zero. Note that a + 1 mod 2 reduces to 1. Let a, b be real numbers. Let us observe that max(a, b) − min(a, b) is non negative.
Let a be a natural number and b be a non zero natural number. Note that a mod (a + b) reduces to a. One can check that a div(a + b) is zero.
rafał ziobro
Let a be a non trivial natural number. Let us observe that a-count(1) is zero and a-count(−1) is zero.
Let b be a natural number. One can check that a-count(a b ) reduces to b and a-count(−a b ) reduces to b. Now we state the proposition:
(1) Let us consider integers a, b. If a | b, then b a is integer. Note that there exists an even integer which is non zero and every natural number which is non zero and trivial is also odd and there exists an odd natural number which is non trivial.
Let a be an integer and b be an even integer. 
Let us consider positive real numbers a, b and a natural number n. Now we state the propositions:
Let us consider a non zero natural number a and natural numbers m, n. Now we state the propositions: (9) min(a n , a m ) = a min(n,m) . Suppose
Let us consider odd, a square integers k, l. Now we state the propositions:
The theorem is a consequence of (22).
Let a be an integer. The functor parity(a) yielding a trivial natural number is defined by the term (Def. 1) a mod 2.
Note that the functor parity(a) yields a trivial natural number and is defined by the term (Def. 2) 2 − (gcd(a, 2)).
Let a be an even integer. Let us observe that parity(a) is zero. Let a be an odd integer. One can check that parity(a) is non zero. Let a be an integer. The functor Parity(a) yielding a natural number is defined by the term
Let a be a non zero integer. Observe that Parity(a) is non zero. Let a be a non zero, even integer. One can verify that Parity(a) is non trivial and Parity(a) is even.
Let a be an even integer. Observe that Parity(a) is even and Parity(a + 1) is odd.
Let a be an odd integer. Note that Parity(a) is trivial.
Let n be a natural number. Observe that Parity(2 n ) reduces to 2 n . Note that Parity(1) reduces to 1 and Parity (2) The theorem is a consequence of (25). Let a be a non zero integer. Observe that a,b) )). The theorem is a consequence of (25). (46) Let us consider an integer a, and a natural number n. Then Parity(a n ) = (Parity(a)) n .
Proof: (40) and (46). Let a be an odd integer. We identify parity(a) with Parity(a). We identify Parity(a) with parity(a). Let us observe that a parity(a) reduces to a.
Let a be an even integer. Let us observe that a parity(a) is trivial and non zero. Let a be an integer. One can check that parity(parity(a)) reduces to parity(a) and Parity(parity(a)) reduces to parity(a). Now we state the proposition:
(48) Let us consider an integer a. Then (i) a is even iff parity(a) is even, and
(ii) parity(a) is even iff Parity(a) is even.
Let a be an integer. Note that parity(a) + Parity(a) is even and Parity(a) − parity(a) is even and Parity(a) − parity(a) is natural and a + parity(a) is even and a − parity(a) is even.
Let us consider an integer a. Now we state the propositions: + 1) ).
The theorem is a consequence of (67).
Let us consider non zero integers a, b. Now we state the propositions: The theorem is a consequence of (30) and (24).
Let a, b be non zero integers. Note that a+b min(Parity(a),Parity(b)) is integer. Let p be a non square integer and n be an odd natural number. Let us note that p n is non square.
Let a be an integer and n be an even natural number. Let us note that a n is a square.
Let p be a prime natural number and a be a non zero, a square integer. Let us observe that p-count(a) is even.
Let a be an odd integer. Note that 2 · a is non square. Let a be square integer. One can check that Parity(a) is a square and Oddity(a) is a square.
Let a be a non zero, a square integer. One can check that 2-count(a) is even. Now we state the propositions: 
